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Faster-than-Bohm Cross-B Electron Transport in Strongly Pulsed Plasmas
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We report the empirical discovery of an exceptionally high cross-B electron transport rate in mag-
netized plasmas, in which transverse currents are driven with abruptly applied high power. Experiments in
three different magnetic geometries are analyzed, covering several orders of magnitude in plasma density,
magnetic field strength, and ion mass. It is demonstrated that a suitable normalization parameter is the
dimensionless product of the electron (angular) gyrofrequency and the effective electron-ion momentum
transfer time, wg.7Tgpp, by which all of diffusion, cross-resistivity, cross-B current conduction, and
magnetic field diffusion can be expressed. The experiments show a remarkable consistency and yield
close to a factor of 5 greater than the Bohm-equivalent values of diffusion coefficient D, magnetic-
diffusion coefficient D, Pedersen conductivity op, and transverse resistivity 7, .
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Electron cross-B transport in plasmas is often much
faster than classically predicted through collisions. One
example is Bohm diffusion [1] which, besides a fast diffu-
sion rate, has the property to scale inversely with the
magnetic field strength, in contrast to classical diffusion
that scales inversely as the square of the magnetic field
strength. Although empirically discovered in the 1940s,
Bohm diffusion is still a topic of interest today . Diffusion
at, or even faster than, the Bohm rate has recently been
reported from as widely different situations as the scrape-
off layer of the RFX fusion experiment [2], basic-plasma
experiments on particle transport [3], observations of re-
connection in Earth’s magnetotail by the Cluster spacecraft
[4], theoretical estimates of the maximum possible rate of
relativistic reconnection [5], and the acceleration of high
energy (10'° eV and beyond) galactic cosmic rays in the
shock waves of young supernova remnants [6]. In the latter
context, data from five young supernova remnants even
show that ‘““values typically between 1 and 10 times the
Bohm diffusion coefficient are found to be required” [7]. It
is thus clear that there is a need to understand diffusion
beyond the Bohm value.

We report here on an extended evaluation of the cross-B
electron transport properties in four experiments in mag-
netized plasmas that are strongly pulsed in various ways,
and put the various types of data in a common theoretical
frame. The experiments are of three different kinds: a
plasma penetration experiment, two pulsed sputtering
magnetrons, and a toroidal theta pinch. In three of them
we have access to the original data and a detailed knowl-
edge of the devices. The focus of this extended evaluation
is on the anomalous magnetic and electron diffusion co-
efficients D and D | and the Pedersen and Hall cross-B
conductivities op and oy. From each of these we extract
three transport parameters that reflect the common under-
lying physics of plasma cross-resistivity [1,8]. These pa-
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rameters are the cross-resistivity itself n, the effective
electron momentum transfer time 7gggr, and its product
w4 Terr With the electron (angular) gyrofrequency w,. =
eB/m,. Provided that n, and B are known, all of Dy, D |,
oy, and op can be expressed as functions of 0 |, Tggg, OF
W ge TEFF-

Experimentally obtained values of Tggg from four differ-
ent experiments are plotted against the magnetic field
strength in Fig. 1. It reveals an inverse proportionality
such that 7gpp o 1/B. The dashed lines show 7gpp(B) for
constant values of w,.Tgrr Which has the same scaling.
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FIG. 1 (color online). The effective momentum transfer time
Tgrp as function of the magnetic field strength, obtained from
three different types of pulsed plasma experiments. For refer-
ence, a dashed line at wg7gpr = 16, corresponding to Bohm
diffusion, is also drawn.
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Over 2 orders of magnitude in magnetic field strength, all
experiments correspond t0 @ Tgpp Within a factor of 1.6
from the common average (g Tgpr) = 2.7. This is re-
markable in view of the fact that the experiments together
cover large variations of various kinds: (1) length scales of
the magnetic field gradients from [z < r,; in the sputtering
magnetrons, [ ~ r,; in the theta pinches, to [ > r,; in the
plasma penetration experiment, (2) a magnetic null line in
the theta pinch 1| bias case but not in the other experiments,
(3) a degree of magnetic perturbation through internal
currents from <1% in the 1.5 kW magnetron to >200%
in the theta pinch experiments, (4) plasma densities from
~10' m~3 in the 1.5 kW magnetron to >10?° m~ 3 in the
theta pinch experiments, (5) ion masses from 1 amu in the
plasma penetration experiment to 83 amu in the 70 kW
magnetron, and (6) different types of driving energy
sources: electric for the magnetrons, magnetic for the theta
pinches, and kinetic for the plasma penetration experiment.

The methods of derivation of 7ggp in Fig. 1 differ from
case to case, but are all based on Egs. (1)—(3) below that
relate Tgpp to parameters that are determined by measure-
ments, such as the cross-B current densities, the plasma
density, the magnetic field strength, and the magnetic field
diffusion coefficient. In the plasma penetration experiment
[9], a plasma stream with a speed v, = 3 X 10° m/s was
created in a conical theta pinch and shot at a region in
which the magnetic field had a transverse component B, =
—15 mT. It is earlier known [9] that the transverse com-
ponent of the magnetic field penetrates into the plasma
about 2 orders of magnitude faster than the classical mag-
netic field diffusion time 75 = uoL?/(4ns,) = 100 us,
where L is the width of the stream and 7g,, is the classical
Spitzer transverse resistivity. We have used here earlier
published [9] profiles of magnetic penetration into plasma
streams of three different densities to calculate the
magnetic-diffusion coefficients Dg, and from these, using
Eq. (3), obtained the three magnetic-diffusion values of
Tere. The wave-resistivity value in Fig. 1 is obtained by a
calculation of 7| from measured wave data as described in
[9]. In the pulsed sputtering magnetron experiments we
have used data from two different devices [10,11], with
applied peak powers of 1.5, 70, and 300 kW. In these
devices, currents flow across the magnetic field in an
azimuthal closed current loop J,, that is perpendicular to
the externally closed discharge current J,. Measurements
of the current density ratio J,, /Jp can be used [8,10] to
obtain the ratio between the Hall and the Pedersen con-
ductivities, oy /o p. We have used four such measurements
and from them, taking oy and op from Eq. (1), extracted
the magnetron values of Tggr in Fig. 1. Finally, we have
used data from the toroidal theta pinch “Thor” at the
University of Maryland [12]. A fast rising magnetic pulse
(9B/dt ~ 10° T/s) was here applied to a plasma already
having an embedded axial bias magnetic field (<0.1 T).
During the implosion, a magnetic piston in the form of a

current sheath propagates toward the magnetic axis.
Depending on the relative polarity of the bias and main
magnetic fields the configuration can be either parallel
(11) or antiparallel (7). Here, we have evaluated the mag-
netic field diffusion constant D from the speeds and the
profiles of the current sheaths. This yields four values of
Dg, two for 11 bias and two for 1| . From these, Eq. (3) gives
four values of Tgpg.

Figure 2 shows that the mechanism, or mechanisms, at
work here gives close to the maximum electron cross-B
drift speeds that can be obtained by varying @g.Tgpg-
Consider the drift speeds u,;, in the direction of the
transverse components of the electric, and pressure gra-
dient, volume forces on the electrons: —en E and —Vp,.
These drift speeds are proportional to op and D |, respec-
tively, and can be expressed [1,8] as functions of @ Tgpg.
Figure 2 shows 0 p(@g Tgpr) and D | (@ g Tppp) normalized
to their maximum values. The experimental average
(@geTppr) =~ 2.7 from Fig. 1 corresponds to ~70% of these
maximum values. It is interesting to note that the experi-
mental data are gathered close to, but do not enter, the
parameter range w,.Tgep < 1 (highlighted in Figs. 1 and 2
by shaded areas) where both op and D | begin to decrease
with decreasing 7ggr. In summary, we have strong empiri-
cal evidence that there exists a resistive mechanism, or a
class of mechanisms, that can be driven by pulsed power in
a wide range of situations and parameters, and that reduces
the effective momentum transfer time 7ggr just enough to
reach close to the theoretical maximum electron cross-B
transport speed, but does not go below that value. The
resistive mechanism is so far quantitatively understood
only in the plasma penetration experiment where there is
a strong correlation between electric field oscillations and
plasma density oscillations. As shown in [9] the force on
the electrons from the wave structure gives an effective
anomalous transverse resistivity nggp, and a value of Tggg.
The good agreement with the magnetic-diffusion values of
Terp 10 Fig. 1 confirms that these oscillations provide the
resistive mechanism in the magnetic-diffusion process.

Method.—The electron motion obeys the generalized
Ohm’s law [1], of which we here consider only the com-
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FIG. 2 (color online). The normalized Pedersen conductivity
op and the cross-B electron diffusion coefficient D |, as func-
tions of @ Tgpp.
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ponents across B. For phenomena much slower than the
electron gyrotime it can be written as en,ngpr + J X
B = ¢en,(E + v X B) + Vp,. This is essentially an equa-
tion of motion for the electrons, with the ‘“‘externally
applied” volume force Fyor = en,(E +v X B) + Vp,
on the right-hand side. The ngppJ term represents the
internal resistive force on the electrons along the direction
of the current. It corresponds to an effective collision time,
or more precisely effective momentum transfer time,
Terr = m,/(ngrre’n,). If only the Vp, force term is re-
tained to the right, it becomes an equation for the diamag-
netic current density and the diffusion speed, and with only
the en,E term an equation for electric conduction. Using
these relations, and the electron (angular) gyrofrequency
Woe = eB/m,, it is straightforward to derive the electron
transport coefficients in a form suitable for the analysis
here:

_ en, WeTEFF _en, wéesziFF

P B Irorry THT B Ix ot

B 1+ @ e TEFR B 1+ Wge TEFR
()
D, = kgT, @gTEFR )

eB 1+ wéeT%FF’
and the magnetic field diffusion coefficient [1],
B

Dy = TEFF _ (3)

Mo W e TEFFEN, Mo

The Bohm-equivalent values are in all cases obtained at the
value wg.Tgrp = 16.
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FIG. 3 (color online). Diamagnetic currents and fast magnetic
diffusion in the plasma penetration experiment (adapted from
[9]). The lower panels show the diamagnetic cavities that re-
main, 1 ws after entering the barrier, in three streams with
different plasma densities.

Apparatus and experimental data.—The plasma pene-
tration experiment is shown in Fig. 3, together with the
magnetic cavities measured [9] in plasma streams of three
different densities. From this experiment, two independent
evaluations are made. The first is based on the process of
magnetic diffusion into the plasma stream during the pro-
cess of entering the region with transverse field. We have
calculated the magnetic diffusion in a slab geometry, cor-
responding to the situation in a cut along the x axis of the
plasma stream. The external magnetic field is ramped at a
rate corresponding to the growth of the B, component
during the plasma penetration, and the diffusion equation
dB,/dt = Dy(3*B,/0x?) is solved for the values of Dy
that give closest to the three magnetic cavity profiles shown
in Fig. 3. Equation (3) is then used to obtain the corre-
sponding values of 7gg for Fig. 1. The error bars are drawn
to be a factor of 2, based both on uncertainties in the
plasma density and current density measurements, and on
the fact that this represents an average over the width of the
plasma stream. The second evaluation is the local resistiv-
ity calculation from the wave data as described in [9].

The sputtering magnetron geometry is shown in Fig. 4.
We use data from three pulsed-power sputtering magnetron
experiments [10,11,13], in which momentary power up to
300 kW was applied in short (=100 ws) pulses. In these
data the key measurements are of the azimuthal J, and
discharge Jp, current densities across B, obtained by mag-
netic probes around current maximum. It follows from
Eq. (1) that, when the currents J, and Jj, are driven by
electric fields, the current ratio directly gives J,/Jp =
0/ 0p = WeTgpp. In [11] it was shown that the relation
Jy /Jp = w4 Tgrr holds also when J, and J, are diamag-
netic and electron diffusion currents, respectively, which
are both driven by pressure gradients; according to [8] this
dominates in the hot and dense plasma close to the cathode
target. Independent of this uncertainty regarding the driv-

ing mechanism, @, 7gpp can thus be obtained from mea-

target (cathode)

FIG. 4. A sputtering magnetron. Experiments from two differ-
ent experiments in this geometry are analyzed, with pulsed
power applied in the range 1.5-300 kW.
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FIG. 5 (color online). The geometry of the toroidal theta pinch
experiment, and magnetic profiles for the antiparallel (f]) bias
case, adapted from [12]. The yellow shading marks the current
sheaths that are used to evaluate 7gpp for Fig. 1.

sured J, /Jp. Data at various distances from the target [13],
and at discharge powers 1.5, 70, and 300 kW [10,11,13], all
agree on values J,/J, = 2, giving W4 TErr =~ 2, and from
that the values of 7ggg plotted in Fig. 1. The error bars here
represent estimates of the local variations around these
volume averages.

The theta pinch from which we have taken data [12] is
shown in Fig. 5, together with an example of magnetic
profiles measured with arrays of small magnetic probes.
The equation of magnetic diffusion, in the plasma rest
frame, is [1] dB/dt = DzV?>B. Approximating the radial
geometry of Fig. 5 as one-dimensional it gives

D. — iB, 1 @

B ar 9’B,/or
As indicated in Fig. 5, the sheath’s width d was approxi-
mated as the distance from 20% to 80% of full magnetic
field change, and the speed ug, as the speed of the sheath
center in the laboratory rest frame. Approximating the time
derivatives as  dB,/dt = uy(0B,/dr) = ug(Bsoq —

Biyq)/d, and 9?B,,/dr* = (Bgoq, — Baos)/d?, Eq. (4) re-
duces to Dp = dug, that, together with Eq. (3), gives
Terr = m, /(e wodug,n,). We have evaluated rgpp for the
1l and 11 bias cases, for the inner and outer sheaths, and at
the times when the sheath middles p; are close to the half
maximum of the density profile. This choice of time is a
compromise where we avoid both the large uncertainties in
n, at larger radii and the final density compression by up to
an order of magnitude close to the center.
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